Abstract. We study the structure of a foliation of high codimension which admits a transverse foliation. We introduce four families of open saturated sets. These open sets have a simple characterization and allow us to establish a structure theorem as in codimension 1.
Introduction
This paper concerns the study of the global structure of foliations of codimension greater than one in a closed manifold of finite dimension. In codimension 1, if the foliation is of class C 2 , its topological structure is fairly well understood (cf.
[2], chap.4). When the foliation is of class C 0 , many phenomena occur which cannot occur in class C 2 ; such foliations were studied for instance in [1], [3] , [4] . In codimension q ≥ 2, there are many particular foliations which have been studied; for example, Epstein studied foliations with all leaves compact; Molino studied the Riemannian foliations case; Blummental studied the case of transversely homogeneous foliations (cf. [2], chap. 3). . . It is natural to try to understand foliations in a closed manifold of codimension q ≥ 2: The purpose here is to develop in this general situation a setting of a structure theorem. However, there are many differences between codimension 1 and codimension ≥ 2. But very little is known about them, in particular about their global structure. In order to generalize the case of codimension 1, we relate them to the notion of regular open set introduced by Salhi in [3] , [4] , and some related concepts.
We refer to section 5 for the statement of the main result of this paper.
The plan of this paper is as follows. In section 2 we give some preliminaries. In sections 3 and 4, we introduce a family of open sets and technical lemmas which will make up the main theorem. In section 5, we prove the main theorem.
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Preliminaries
In this section we recall some basic definitions and notations, and introduce notions which will be useful in the sequel. Let M be a closed C ∞ manifold of dimension n, and F a codimension q, q ≥ 1 and class C r , r ≥ 1, foliation on M . A subset of M which is a union of leaves is called an F-saturated set. An F-saturated set E is called a local minimal set of F if there exists an open F-saturated set U such that E is a minimal set of F | U ; that is for every leaf L ⊂ E, we have L ∩ U = E. Two distinct local minimal sets of F are disjoint.
We call the class of a leaf
For more information about this terminology, see [3] , [4] , or see also ([2], Chap. 4, section 4).
Here we give some trivial lemmas which are useful in the sequel.
Lemma 1. If U is an open connected set of M and V is a nonempty open set of
Indeed, V is not closed in U since U is connected and distinct from V . Therefore
The Lemma 2 is also true if we replace the leaf L by any closed connected nonempty F-saturated subset of M .
In codimension q ≥ 2, there does not necessarily exist a foliation transverse to F of dimension q. In order to give some analogies as in codimension 1, we suppose in all the sections below, that there exists a foliation Γ transverse to F of dimension q.
